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Abstract: A new fault location algorithm for double-circuit transmission lines with availability of complete
measurements from two anti-parallel end of the line is presented. Sequence voltage and current phasors from
these ends are taken as inputs and no synchronisation between them is needed. Using the pre-fault data, the
synchronisation angles between measurements at the reference and the anti-parallel ends are obtained. Using
the fault data, the faulted circuit is determined and the sequence voltages and currents at the fault point are
calculated as a function of the fault distance. Finally, using the fault boundary conditions that exist for a given
fault type, the fault location is derived and solved by an iterative method. Owing to zero-sequence mutual
coupling, it is not straightforward to express the zero-sequence voltage and current at the fault point as a
function of the zero-sequence voltages and currents at the two measuring ends and the distance to fault. To
overcome this problem, a modal transformation matrix is introduced to obtain the modal networks, which are
decoupled and can be analysed independently. Based on distributed parameter line model, the proposed
algorithm fully considers the effects of shunt capacitances and thus achieves superior locating accuracy,
especially for long lines. Mutual coupling between circuits, source impedances and fault resistance do not
influence the locating accuracy of the algorithm. The simulation results using ATP-EMTP and MATLAB
demonstrate the effectiveness and accuracy of the proposed algorithm.
1 Introduction
Double-circuit transmission lines have been extensively
utilised in modern power systems to enhance the
reliability and security for the transmission of electrical
energy. They are usually spreading over few hundreds
of kilometres and are vital links between the energy
production and consumption centres. The different
topologies of double-circuit lines combined with the
mutual coupling effect create a large number of possible
fault types that may occur on double-circuit lines. This
feature makes their protection and fault location
determination a very challenging problem.

Many fault location algorithms for double-circuit lines
have been developed [1–11]. These algorithms are based
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on either one-terminal [1–7] or two-terminal data
[8–11]. Although less precise than two-terminal
algorithms, one-terminal algorithms appear more attractive
since they rely only on voltage and current measurements
at one common terminal, and hence no communication
links have to be provided between both terminals of the
line. One-terminal data algorithms [1–6] are based on
lumped parameter line model. While different in their
implementation issues, these algorithms attempt to
estimate the fault current contribution from the other
terminal by solving the Kirchhoff ’s voltage law (KVL)
equations around parallel lines loops. Since they are based
on lumped parameter line model, these algorithms do not
fully consider the shunt capacitance effect. This may lead
to significant errors in fault location estimation, especially
for long lines where the magnitude of the capacitive
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charging current can be comparable to the fault current,
particularly under high impedance fault conditions.
Moreover, none of these algorithms deals effectively with
inter-circuit faults which are more likely to occur on
double-circuit lines located on the same tower structure.
Recently, a one-terminal algorithm based on distributed
parameter line model has been developed [7], having high
locating accuracy and treating satisfactorily most of the
asymmetrical fault types that can be encountered in
double-circuit lines. However, it cannot be used to locate
symmetrical faults between circuits, for example, a fault
involving phases A and B in both circuits of the line at
the same instant.

Contrary to one-terminal algorithms, there are few two-
terminal algorithms for double-circuit lines [8–11].
Voltage and current measurements from all four measuring
ends of a double-circuit line are considered in [8].
Although the algorithm is based on distributed parameter
line model and is capable of locating inter-circuit faults, it
requires a great amount of data to be transferred from all
line ends. There is also one two/multi-terminal algorithm
based on lumped parameter line model [9] and two other
algorithms based on distributed parameter line model
[10, 11]. These last two algorithms utilise only current
measurements from all four ends of the line, which
adversely affects their accuracy due to current transformers’
(CTs) errors.

This paper presents a new fault location algorithm for
double-circuit transmission lines that is based only on
voltage and current measurements at two anti-parallel ends
of the line. Using a limited number of measurements, the
proposed algorithm manages to reduce the amount of
information needed to be exchanged between the line
terminals to estimate the distance to fault. Furthermore,
comparing to [10, 11] the algorithm is more secure since it
is not so highly affected by CT errors. Finally, although the
proposed algorithm does not require synchronisation
between measurements at the two measuring ends, it can
also be applied in a fault location scheme with utilisation of
synchronised phasor measurement units (PMUs). In such a
scheme, the proposed algorithm offers minimal PMU
placement for locating faults in double-circuit lines, which
is considered as a very useful add-on in an attempt to
achieve transmission network fault location observability
with minimum number of PMUs [12].

The rest of the paper is organised as follows. Section 2
presents a modal transformation to decouple the six-phase
system of a double-circuit transmission line into positive,
negative and zero-sequence networks [13]. Assuming that
the line is well transposed, the equivalent PI circuit of
positive and negative sequence networks, based on
distributed parameter line model, can be readily
accomplished. Owing to mutual coupling, it is not
straightforward to obtain the equivalent PI circuit for zero-
sequence networks. However, using the proposed modal
Gener. Transm. Distrib., 2010, Vol. 4, Iss. 7, pp. 824–835
i: 10.1049/iet-gtd.2009.0533
transformation matrix, the zero-sequence networks can be
decoupled into common and differential component
networks [7], which can be analysed independently.
Section 3 presents the basic background of the proposed
algorithm, comprising the following critical tasks: phasor
computation, synchronisation error determination, fault-
type detection, faulted circuit selection and fault location
estimation. Using the fundamental sequence voltage and
current phasors from the two measuring ends, in
combination with the equivalent PI circuits of the sequence
networks derived in Section 2, the sequence voltages and
currents at the fault location can be expressed as a function
of the fault distance only. Thereafter, applying the fault
boundary conditions that exist for each fault type, the fault
location can be determined by using a numerical method.
In Section 4, detailed alternative transient program (ATP)
and MATLAB simulation results are presented to
demonstrate the effectiveness and accuracy of the proposed
method.

2 Derivation of equivalent PI
circuit for sequence networks of a
double-circuit line
The objective is to derive an equivalent PI circuit
for positive, negative and zero-sequence networks of a
double-circuit line, accounting for distributed parameter
effects. This will ensure precision of the results obtained
by the proposed fault location algorithm. Double-circuit
transmission lines involve two parallel circuits. Fig. 1
shows a typical tower and conductor configuration of a
double-circuit line. Considering the coupling between
conductors and assuming that the two circuits of the line
have identical parameters and are well-transposed, the
voltages and currents along the line satisfy the following
equation [14]

d[V phase]

dx
= [Zphase][I phase]

d[I phase]

dx
= [Y phase][V phase]

⎧⎪⎪⎨
⎪⎪⎩ (1)

where [V phase] = [Va I; Vb I; Vc I; Va II; Vb II; Vc II]
T and

[I phase] = [Ia I; Ib I; Ic I; Ia II; Ib II; Ic II]
T are the phase

Figure 1 Structure of a double-circuit transmission line
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voltage and current vectors of circuits I and II at considered
point, respectively; [Zphase] and [Yphase] are the phase series
impedance and shunt admittance matrices given as

[Zphase] =

Zs Zm Zm Zp Zp Zp

Zm Zs Zm Zp Zp Zp

Zm Zm Zs Zp Zp Zp

Zp Zp Zp Zs Zm Zm

Zp Zp Zp Zm Zs Zm

Zp Zp Zp Zm Zm Zs

⎛
⎜⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞
⎟⎟⎟⎟⎟⎟⎟⎟⎟⎠

[Y phase] =

Ys Ym Ym Yp Yp Yp

Ym Ys Ym Yp Yp Yp

Ym Ym Ys Yp Yp Yp

Yp Yp Yp Ys Ym Ym

Yp Yp Yp Ym Ys Ym

Yp Yp Yp Ym Ym Ys

⎛
⎜⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞
⎟⎟⎟⎟⎟⎟⎟⎟⎟⎠

(2)

where Zs, Zm and Ys, Ym are the self and mutual coupling
impedances and admittances, respectively, associated with
either one circuit taken separately; Zp and Yp is the mutual
coupling impedance and admittance between any one of
three conductors of one circuit and any one of the three
conductors of the other circuit.

Using eigenvalue theory [15], the line parameter matrices
[Zphase] and [Yphase] can be decoupled into diagonal
matrices. The modal transformation matrices for voltage
and current [Tv] and [Ti] can be used for diagonalisation.
Then, (1) can be written as

d[V mod e]

dx
= [T v]−1[Zphase][T i][I mod e] = [Zmod e][I mod e]

d[I mod e]

dx
= [T i]

−1[Y phase][T v][V mod e] = [Y mod e][V mod e]

⎧⎪⎨
⎪⎩

(3)

where [V mod e] = [T v]−1[V phase] = [V1 I; V2 I; V1 II; V2 II;
1/2(V0 II − V0 I); 1/2(V0 I + V0 II)]

T and [I mod e] = [T i]
−1

[I phase] = [I1 I; I2 I; I1 II; I2 II; 1 / 2(I0 II − I0 I); 1/2(I0 I +
I0 II)]

T are the modal voltage and current vectors expressed
with respect to the sequence voltages and currents of
circuits I and II at considered point and

T v = T i =

1 1 0 0 −1 1

a2 a 0 0 −1 1

a a2 0 0 −1 1

0 0 1 1 1 1

0 0 a2 a 1 1

0 0 a a2 1 1

⎛
⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞
⎟⎟⎟⎟⎟⎟⎟⎟⎠

, T−1
v = T−1

i
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=

(1/3) (1/3)a (1/3)a2 0 0 0
(1/3) (1/3)a2 (1/3)a 0 0 0

0 0 0 (1/3) (1/3)a (1/3)a2

0 0 0 (1/3) (1/3)a2 (1/3)a
−1/6 −1/6 −1/6 1/6 1/6 1/6
1/6 1/6 1/6 1/6 1/6 1/6

⎛
⎜⎜⎜⎜⎜⎜⎝

⎞
⎟⎟⎟⎟⎟⎟⎠
(4)

where a ¼ ej120.

In (3), [Zmode] and [Ymode] are the modal series impedance
and shunt admittance matrices that are equal to

[Zmod e] =

Z1 0 0 0 0 0

0 Z1 0 0 0 0

0 0 Z1 0 0 0

0 0 0 Z1 0 0

0 0 0 0 Z1L 0

0 0 0 0 0 ZG

⎛
⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞
⎟⎟⎟⎟⎟⎟⎟⎟⎠

[Y mod e] =

Y1 0 0 0 0 0

0 Y1 0 0 0 0

0 0 Y1 0 0 0

0 0 0 Y1 0 0

0 0 0 0 Y1L 0

0 0 0 0 0 YG

⎛
⎜⎜⎜⎜⎜⎜⎜⎜⎝

⎞
⎟⎟⎟⎟⎟⎟⎟⎟⎠

(5)

where Z1 ¼ Zs 2 Zm, Z0 ¼ Zs + 2Zm, ZM0 ¼ 3Zp and
Y1 ¼ Ys 2 Ym, Y0 ¼ Ys + 2Ym, YM0 ¼ 3Yp are the positive,
zero and mutual zero-sequence impedances and
admittances of the line, respectively; Z1L ¼ Z0 2 ZM0,
ZG ¼ Z0 + ZM0 and Y1L ¼ Y0 2 YM0, YG ¼ Y0 + YM0 are
the inter-circuit and ground mode impedances and
admittances of the line, respectively [16].

In the mode domain, define

Zc1 =
�������
Z1/Y1

√
, gc1 =

������
Z1Y1

√
(6)

Zc0d =
����������
Z1L/Y1L

√
, gc0d =

��������
Z1LY1L

√
(7)

Zc0c =
��������
ZG/YG

√
, gc0c =

�������
ZGYG

√
(8)

V0d = 1

2
(V0 II − V0 I), I0d = 1

2
(I0 II − I0 I) (9)

V0c =
1

2
(V0 I + V0 II), I0c =

1

2
(I0 I + I0 II) (10)

where Zc1 and gc1 are the characteristic impedance and
propagation constant of positive and negative sequence
networks for each line circuit, respectively; Zc0d, gc0d and Zc0c,
gc0c are the characteristic impedances and propagation
constants of the differential and the common sequence
network, that the mutually coupled zero-sequence networks of
the double-circuit line are decoupled into, respectively; V0d, I0d
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and V0c, I0c are the differential and common sequence voltages
and currents, respectively.

Based on (3) and Fig. 2, the mode voltages and currents
along the line at considered point x are written as

V1 j = Vs1 j cosh(gc1x) − Is1 jZc1 sinh(gc1x) (11)

I1 j = Is1 j cosh(gc1x) − Vs1 j sinh(gc1x)/Zc1 (12)

V2 j = Vs2 j cosh(gc1x) − Is2 jZc1 sinh(gc1x) (13)

I2 j = Is2 j cosh(gc1x) − Vs2 j sinh(gc1x)/Zc1 (14)

V0p = Vs0p cosh(gc0px) − Is0pZc0p sinh(gc0px) (15)

I0p = Is0p cosh(gc0px) − Vs0p sinh(gc0px)/Zc0p (16)

where Vs1 j , Vs2 j , Vs0p and Is1 j , Is2 j , Is0p are the modal
voltages and currents at terminal sj, respectively; j ¼ I, II,
representing the circuits I and II of the line; p ¼ d, c, standing
for the differential and common sequence component.
Combining (11)–(16), enables the development of the
equivalent PI circuit for particular sequence networks of a
double-circuit line, which is the basis for analysing the
proposed fault location algorithm. This analysis is given in the
following section.

3 Fault location algorithm
Fig. 3 shows the proposed measuring arrangement for
locating faults in a double-circuit transmission line.
Voltages and currents from two anti-parallel ends of the
line are used. We assume that the fault locator (FL) is
installed at the line end sI and is supplied directly with
signals from the voltage and current transformers VTs_S1

and CTs_S1, respectively. In turn, the signals from the
instrument transformers VTs_RII and CTs_RII at the anti-
parallel end rII are recorded by a digital fault recorder
(DFR) and sent via a communication link to the FL. The
CTs are connected on the line side of each breaker, thus
enabling the algorithm to operate additionally for ground
faults that occur while one circuit is in operation and the
other is out of service with its ends grounded.

Figure 2 Modal sequence networks of a double-circuit line
Gener. Transm. Distrib., 2010, Vol. 4, Iss. 7, pp. 824–835
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It is to be mentioned that there is no global positioning
system (GPS) control of digital measurements performed at
the two line ends, and thus, a more general case of
unsynchronised measurements, similarly as in [17], is
considered. Moreover, fully transposed lines and identical
parameters between the circuits of the double-circuit line
are assumed, which allows using the theory presented in
the previous section.

The proposed fault location algorithm for double-circuit
lines comprises the following tasks:

1. phasor estimation, fault-type detection, fault recording
segmentation and data alignment;

2. synchronisation error determination, using pre-fault data;

3. faulted circuit selection, using fault data;

4. fault location estimation.

The above-mentioned tasks and their implementation
issues are discussed in the following paragraphs.

3.1 Phasor estimation, fault-type
detection, fault recording segmentation
and data alignment

The proposed algorithm uses only the sequence voltage and
current phasors. Thus, the phase voltage and current
waveforms captured by the two DFRs must be converted
into sequence fundamental frequency phasors. This is
accomplished using a three-stage approach. Initially, the
phase voltage and current signals are filtered by a low-pass
filter to remove possible noise and higher harmonics.
Afterwards, the phase voltage and current phasors are
calculated with the use of DFT algorithm. Finally, the
symmetrical component transformation is applied to obtain
the sequence voltages and currents. When fault recordings
do not originate from DFRs but are products of digital
relays with already calculated signal phasors, the algorithm
is still capable of manipulating them via the Comtrade data
format [18].

The next step is to identify the fault type and determine
the phase(s) involved in the fault. Numerous types of faults

Figure 3 Schematic diagram of the fault location scheme
for double-circuit lines
827

& The Institution of Engineering and Technology 2010



82

&

www.ietdl.org
can be encountered in double-circuit lines. Therefore we have
implemented a highly secure algorithm [19] for fault-type
identification. This algorithm is capable of dealing with
both challenging issues of phase selection in double-circuit
lines, weak-infeed conditions and inter-circuit faults.
Moreover, within the fault-type selection process, we can
estimate the individual fault inception timings of the
unsynchronised recordings captured at the two measuring
ends. Using this information, we can (a) divide the fault
recordings into pre-fault and fault segments, (b) time-align
the fault recordings, by equating their fault inception times;
that is, we choose the recording with the minimum fault
inception time as the reference one, and then we left-shift
the other recording, until its fault inception time becomes
equal to the reference one.

3.2 Synchronisation error determination

The fault-type detection algorithm is used to synchronise the
signals from both line ends. However, there is still a need to
refine synchronisation of phasors, because error with the
maximum of one sampling interval is possible after the data
alignment phase. For example, if we have one sampling
interval shift between two signals and we use 1 kHz
sampling frequency, then there will be 188 phase angle
difference between the phasors obtained from these signals.
The fault location estimation algorithm is sensitive to such
phase angle difference and additional effort should be made
to achieve better synchronisation. To solve this problem, we
can assume balanced operation of the power system
preceding the fault and, by employing the positive sequence
equivalent PI circuit of the double-circuit line depicted in
Fig. 4, we can calculate the phase angle difference between
two voltage and current positive sequence phasors at the
anti-parallel sides.

In Fig. 4, the following notations are adopted:

Vs1 I, Is1 I and Vr1 II, Ir1 II: pre-fault positive sequence
voltage and current at measuring ends sI and rII, respectively;

Figure 4 Positive sequence equivalent PI circuit of a double-
circuit line
8
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Vr1 I, Ir1 I and Vs1 II, Is1 II: pre-fault positive sequence
voltage and current at ends rI and sII, respectively;

Zsr1 I, Zsr1 II: equivalent positive sequence series impedance
of the line circuits I and II;

Ysr1 I, Ysr1 II: equivalent positive sequence shunt admittance
of the line circuits I and II.

The equivalent line parameters are expressed based on the
distributed parameter model, considering (11) and (12)

Zsr I = Zsr II = Zc1 sinh (gc1l ) (17)

Ysr I = Ysr II = (2/Zc1) tanh (gc1l/2) (18)

where l is the length of the line in miles or kilometres.

Based on Fig. 4 and taking measurements at the line end sI

as reference, we derive the following equations

Vr1 I = Vs1 I(1 + (Ysr1 I/2)Zsr1 I) − Is1 IZsr1 I (19)

Vs1 II = Vr1 IIe
jdv (1 + (Ysr1 II/2)Zsr1 II) − Ir1 IIe

jdi Zsr1 II

(20)

where dv and di are synchronisation angles between the two
voltage and current phasors at ends sI and rII, respectively,
which represent any possible synchronisation error.

The two circuits of the line in Fig. 4 have the same voltage
at both terminals s and r. Thus

Vr1 I = Vr1 IIe
jdv , Vs1 II = Vs1 I (21)

Combining (19)–(21), we compute the synchronisation
angles dv and di as follows

dv = arg ((Vs1 I(1 + (Ysr1 I/2)Zsr1 I) − Is1 IZsr1 I)/Vr1 II)

(22)

di = arg ((Vr1 IIe
jd(1+ (Ysr1 II/2)Zsr1 II)−Vs1 I)/(Ir1 IIZsr1 II))

(23)

3.3 Faulted circuit selection

The selection of the faulted line circuit can be made by
substituting in (19) and (20) the positive sequence voltage
and current phasors preceding the fault with those existing
during the fault as follows

Vrf 1 I,c = Vsf 1 I(1 + (Ysr1 I/2)Zsr1 I) − Isf 1 IZsr1 I (24)

Vsf 1 II,c = Vrf 1 IIe
jdv (1 + (Ysr1 II/2)Zsr1 II) − Irf 1 IIe

jdi Zsr1 II

(25)

where Vsf 1 I, Isf 1 I and Vrf 1 II, Irf 1 II are the positive
sequence voltage and current during the fault at measuring
IET Gener. Transm. Distrib., 2010, Vol. 4, Iss. 7, pp. 824–835
doi: 10.1049/iet-gtd.2009.0533



IET
do

www.ietdl.org
ends sI and rII, respectively; Vsf 1 II,c, Vrf 1 I,c are the calculated
positive sequence voltages during the fault at ends sII and rI.,
respectively.

For the voltages at terminals s and r, we have

Vrf 1 I,m = Vrf 1 IIe
jdv , Vsf 1 II,m = Vsf 1 I (26)

where Vsf 1 II,m, Vrf 1 I,m are the positive sequence voltages
during the fault at the unmeasured ends sII and rI.

Using (24)–(26), we define the following differentials

DVrf 1 I = |Vrf 1 I,m − Vrf 1 I,c| (27)

DVsf 1 II = |Vsf 1 II,m − Vsf 1 II,c| (28)

If we assume that the fault lays in circuit I, we obtain

DVrf 1 I ≫ 0 and DVsf 1 II ≃ 0 (29)

Thus, the criterion for minimum differential, min(DVrf1_I,
DVsf1_II), indicates the ‘sound’ circuit of the line. It is also
clear that when DVrf1_I ≫ 0 and DVsf1_II ≫ 0, an inter-
circuit fault has occurred.

3.4 Fault location estimation

Based on the analysis of Section 2 and Fig. 5, the fault
distance can be estimated in two steps. At first, the voltage
and current at the fault point in all sequence networks,
shown in Fig. 5, are expressed in terms of those at the two
measuring ends and the distance to fault. Afterwards, the
fault location is calculated based on the fault boundary
condition, which corresponds to the existing fault type, by
an iterative method.

In Fig. 5, the following nomenclature is adopted for
convenience:

Vsf 1 I, Isf 1 I, Vsf 2 I, Isf 2 I and Vrf 1 II, Irf 1 II, Vrf 2 II, Irf 2 II:
positive and negative sequence voltages and currents during
the fault at measuring ends sI and rII, respectively;
Gener. Transm. Distrib., 2010, Vol. 4, Iss. 7, pp. 824–835
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Vsf 1 II, Isf 1 II, Vsf 2 II, Isf 2 II and Vrf 1 I, Irf 1 I, Vrf 2 I, Irf 2 I:
positive and negative sequence voltages and currents during
the fault at ends sII and rI, respectively;

Vsf0c, Isf0c, Vrf0c, Irf0c: common zero-sequence voltages and
currents during the fault at terminals s and r, respectively;

Vsf0d, Isf0d, Vrf0d, Irf0d: differential zero-sequence voltages and
currents during the fault at terminals s and r, respectively;

Zsf 1 I, Zsf 1 II: equivalent positive sequence series impedance
of the line section sf for circuits I and II, respectively;

Zrf 1 I, Zrf 1 II: equivalent positive sequence series impedance
of the line section rf for circuits I and II, respectively;

Zsf0c, Zsf0d: equivalent common and differential zero-
sequence series impedance of the line section sf, respectively;

Zrf0c, Zrf0d: equivalent common and differential zero-
sequence series impedance of the line section rf, respectively;

Ysf 1 I, Ysf 1 II: equivalent positive sequence shunt admittance
of the line section sf for circuits I and II, respectively;

Yrf 1 I, Yrf 1 II: equivalent positive sequence shunt admittance
of the line section rf for circuits I and II, respectively;

Ysf0c, Ysf0d: equivalent common and differential zero-
sequence shunt admittance of the line section sf, respectively;

Yrf0c, Yrf0d: equivalent common and differential zero-
sequence shunt admittance of the line section rf, respectively;

The equivalent line parameters are expressed based on the
distributed parameter model, considering (11)–(16)

Zsf 1 j = Zc1 sinh(gc1xl ) (30)

Ysf 1 j= (2/Zc1) tanh(gc1xl/2) (31)

Zrf 1 j = Zc1 sinh(gc1(1 − x)l ) (32)

Yrf 1 j= (2/Zc1) tanh(gc1(1 − x)l/2) (33)
Figure 5 Equivalent PI circuit of decoupled sequence networks
829

& The Institution of Engineering and Technology 2010



830

& T

www.ietdl.org
Zsf 0p = Zc0p sinh(gc0pxl ) (34)

Ysf 0p= (2/Zc0p) tanh(gc0pxl/2) (35)

Zrf 0p = Zc0p sinh(gc0p(1 − x)l ) (36)

Yrf 0p= (2/Zc0p) tanh(gc0p(1 − x)l/2) (37)

where x is the per-unit distance to fault from reference
terminal s; j ¼ I, II, representing the circuits I and II of
the line and p ¼ d, c, standing for the differential and
common sequence component.

3.4.1 Sequence voltage and currents at fault
point F: The objective is to express the sequence voltages
and currents at the fault point with respect to the known
sequence voltages and currents at ends sI and rII and the
unknown distance to fault. The sequence voltages and
currents at ends sII and rI are unknown variables, which, if
needed, can be easily solved as a function of the known
ones and the distance to fault via basic network equations
which are valid for the double-circuit line during the fault.

Based on Fig. 5, we can derive the following equations for
the positive and negative sequence voltages and currents at
fault point F in circuits I and II of the line

Vf k I = Vsf k I(1 + (Ysf 1 I/2)Zsf 1 I) − Isf k IZsf 1 I (38)

Ifsk I = (Vsf k I − Vf k I)/Zsf 1 I − Vf k I(Ysf 1 I/2) (39)

Ifrk I = (Vrf k I − Vf k I)/Zrf 1 I − Vf k I(Yrf 1 I/2) (40)

If k I = Ifsk I + Ifrk I (41)

Vf k II = Vrf k IIe
jdv (1 + (Yrf 1 II/2)Zrf 1 II) − Irf k IIe

jdi Zrf 1 II

(42)

Ifsk II = (Vsf k II − Vf k II)/Zsf 1 II − Vf k II(Ysf 1 II/2) (43)

Ifrk II = (Vrf k IIe
jdv − Vf k II)/Zrf 1 II − Vf k II(Yrf 1 II/2) (44)

If k II = Ifsk II + Ifrk II (45)

where k ¼ 1, 2, denoting the positive and negative sequence
component, respectively.

Equations (40) and (43) contain the unknown variables
Vrfk_I and Vsfk_II which, however, can be calculated via the
measurements at ends rII and sI, respectively, and are given by

Vrf k I = Vrf k IIe
jdv (46)

Vsf k II = Vsf k I (47)

The differential and common sequence voltages and currents
he Institution of Engineering and Technology 2010
at fault point F are acquired as

Vf 0p = Vsf 0p(1 + (Ysf 0p/2)Zsf 0p) − Isf 0pZsf 0p

= Vrf 0p(1 + (Yrf 0p/2)Zrf 0p) − Irf 0pZrf 0p

(48)

Ifs0p = Isf 0p(1+ (Ysf 0p/2)Zsf 0p)−Vsf 0p(Ysf 0p +Zsf 0p(Ysf 0p/2)2)

(49)

Ifr0p = Irf 0p(1+ (Yrf 0p/2)Zrf 0p)−Vrf 0p(Yrf 0p +Zrf 0p(Yrf 0p/2)2)

(50)

where p ¼ d, c.

Employing (48)–(50) and (9), (10), we obtain the zero-
sequence voltages and currents at fault point F for circuits I
and II of the line as

Vfs0 I = Vsf 0 IAsf 0 − Isf 0 IBsf 0 + Vsf 0 IICsf 0 − Isf 0 IIDsf 0

(51)

Ifs0 I = Isf 0 IAsf 0 − Vsf 0 IEsf 0 + Isf 0 IICsf 0 − Vsf 0 IIFsf 0

(52)

Vfr0 I = Vrf 0 IArf 0 − Irf 0 IBrf 0 + Vrf 0 IIe
jdv Crf 0

− Irf 0 IIe
jdi Drf 0 (53)

Ifr0 I = Irf 0 IArf 0 − Vrf 0 IErf 0 + Irf 0 IIe
jdi Crf 0

− Vrf 0 IIe
jdv Frf 0 (54)

If 0 I = Ifs0 I + Ifr0 I (55)

Vfs0 II = Vsf 0 ICsf 0 − Isf 0 IDsf 0 + Vsf 0 IIAsf 0 − Isf 0 IIBsf 0

(56)

Ifs0 II = Isf 0 ICsf 0 − Vsf 0 IFsf 0 + Isf 0 IIAsf 0 − Vsf 0 IIEsf 0

(57)

Vfr0 II = Vrf 0 ICrf 0 − Irf 0 IDrf 0 + Vrf 0 IIe
jdv Arf 0

− Irf 0 IIe
jdi Brf 0 (58)

Ifr0 II = Irf 0 ICrf 0 − Vrf 0 IFrf 0 + Irf 0 IIe
jdi Arf 0

− Vrf 0 IIe
jdv Erf 0 (59)

If 0 II = Ifs0 II + Ifr0 II (60)

where Asf0, Bsf0, Csf0, Dsf0, Esf0, Fsf0 and Arf0, Brf0, Crf0, Drf0,
Erf0, Frf0 are the equivalent parameters of the zero-sequence
network defined in Appendix.

Moreover, the two circuits have the same zero-sequence
voltage at both line terminals s and r, thus

Vrf 0 I = Vrf 0 IIe
jdv (61)

Vsf 0 II = Vsf 0 I (62)
IET Gener. Transm. Distrib., 2010, Vol. 4, Iss. 7, pp. 824–835
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From (38)–(47), it is clear that the positive and negative
sequence voltages and currents at fault point F can be
obtained as a straightforward function of the unknown fault
distance x and the known voltages Vsfk_I, Vrfk_II and
currents Isfk_I, Irfk_II at ends sI and rII, respectively. The
same does not hold true for zero-sequence voltages and
currents, which are also dependent on the unknown
variables Isf0_II and Irf0_I. To eliminate the two unknown
variables from (51)–(60), we can solve the following 2 × 2
linear system which reflects the zero-sequence network
constraint equations that exist in the double-circuit line
during a fault involving ground

a b

c d

[ ]
Isf 0 II

Irf 0 I

[ ]
=

e

f

[ ]
⇒

Isf 0 II

Irf 0 I

[ ]
=

a b

c d

[ ]−1 e

f

[ ]
(63)

where a, b, c, d, e, f are the coefficients dependent on the
ground fault condition, given in Table 4 of the Appendix.

Substituting the solution of (63) in (51)–(54) and (56)–
(59), respectively, yields the zero-sequence voltages and
currents at fault point F of circuits I and II, as a function
of the known zero-sequence variables at ends sI and rII and
the fault distance.

3.4.2 Theory of fault location: In the fault state,
different fault types give rise to different boundary
conditions. The fault boundary conditions can be expressed
in terms of the fault voltage Vf, the fault current If and the
fault resistance Rf

Vf = Rf If (64)

In (64), fault resistance Rf is unknown. Fault voltage Vf can
be calculated by the six-sequence voltages Vfk_I, Vfk_II,
where k ¼ 0, 1, 2, corresponding to (38), (42), (51) and
(56), which themselves can be expressed by the known
voltages Vsfk_I, Vrfk_II and currents Isfk_I, Irfk_II at ends sI

and rII, respectively. Thus, the fault voltage Vf can be
written as

Vf (x) = f (Vsf k I, Vrf k II,Isf k I, Irf k II, x) (65)

In (65), only the fault distance x is unknown. Similarly to
(65), the fault current If can be written as

If (x) = g(Vsf k I, Vrf k II,Isf k I, Irf k II, x) (66)

According to (64)–(66), Vf ¼ RfIf can be transformed into
fault locating equation

F (x) = Im
Vf (x)

If (x)

{ }
= Im

f (Vsf k I, Vrf k II,Isf k I, Irf k II, x)

g(Vsf k I, Vrf k II,Isf k I, Irf k II, x)

{ }
= 0

(67)

where Im denotes the imaginary part.
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Since the fault location equation is non-linear, a numerical
method is needed to obtain the solution of x. The well-
known Netwon–Raphson method, which computes the
correction Dxv at each iteration, can be employed

Dxv = − F (xv)

F ′(xv)
(68)

where v ¼ 0, 1, 2, . . . is the iteration count, Dxv ¼ xv+1 2 xv

and F’(xv) ¼ dF(xv)/dx is the derivative of F(x) at the vth
iteration. The iterative process converges when the
correction update becomes less than a specified tolerance.

3.4.3 Performance equations for various fault
types: The proposed algorithm can deal with all possible
fault types encountered on double-circuit lines. These fault
types can be divided into two categories. One is faults
within a single circuit, which includes IAG, IBC, IIBCG,
IIABC, and so on. The other is faults between circuits,
called inter-circuit or cross-country faults, which includes
IAIIBG, IAIIBCG, IBCIICG, IABIIBC, IABCIIAB,
and so on. The stars of fault resistances shown in Fig. 6
allows to represent any type of fault eliminating, when
necessary, those legs that are not involved in the fault type
considered [20]. For instance, the inter-circuit fault
IAIIBG is reflected when the legs containing the
resistances RfaI, RfbII and Rg are maintained and the rest
are neglected.

The performance equations for an IAG and an IAIIBG
fault, which have the most probability among single-circuit
and inter-circuit faults, are developed below and the
equations for other fault types can be deduced from these
two basic types.

Performance equations for faults within a single-circuit: The
boundary condition for a single phase-to-ground fault IAG
can be derived from Fig. 6. It is

Vf a I = If a IRf (69)

where Vfa_I ¼ Vf1_I + Vf2_I + Vf0_I is the fault voltage,
Ifa_I ¼ If1_I + If2_I + If0_I is the fault current and
Rf ¼ Rfa_I + Rg is the total fault resistance. This fault type
involves a ground fault condition in circuit I. Thus, we
use the values of a, b, c, d, e, f in the first column of
Table 4 in order to determine the unknown variables Isf 0 II

Figure 6 Fault resistances at the fault point
831
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and Irf 0 I. Afterwards, using (38)–(41), (46), (51)–(55), (61)
and (62), the fault location equation in (67) is written as
(see (70))

Then, (70) can be solved for the fault distance, which is the
only unknown parameter. In a similar manner, we can derive
the fault locating equations for other types of faults occurring
within a single circuit.

Performance equations for faults between circuits: The boundary
conditions for an inter-circuit fault IAIIBG can also be
derived from Fig. 6. They are

Vf a I − If a IRf a I = (If a I + If b II)Rg (71)

Vf a I − If a IRf a I = Vf b II − If b IIRf b II (72)

where Vf b II = a2Vf 1 II + aVf 2 II + Vf 0 II and If b II = a2

If 1 II + aIf 2 II + If 0 II are the fault voltage and current at
circuit II. Using the real and imaginary parts of (72),
the unknown resistance Rf a I can be expressed in
terms of the fault voltages and currents in both circuits,
as follows

Rf a I =
Re{If b II}Im{Vf a I −Vf b II}− Im{If b II}Re{Vf a I −Vf b II}

Re{If b II}Im{If a I}− Im{If b II}Re{If a I}

(73)

Moreover, since this type of fault involves a ground fault
condition in both circuits of the double-circuit line, we
use the values of a, b, c, d, e, f in the third column of
Table 4 in order to obtain the unknown variables Isf0 II

and Irf 0 I. Afterwards, using (38)–(47), (51)–(62) and
(73), the fault location in (67) is written as (see (74))

Then, (74) can be solved for the fault distance, which is
the only unknown parameter. In similar manner, the fault
locating equations for other types of faults occurring
between circuits can be readily derived.

4 Fault location performance
evaluation studies
This section presents test results based on ATP-EMTP
simulations to verify the accuracy of the proposed
2
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algorithm. A 400-kV power network (Fig. 3) including a
double-circuit transmission line has been used. Network
and line parameters are given in Table 1. The double-
circuit line is represented by Clarke’s distributed parameter
line model. The ATP network model includes both the
voltage and current transformers, VTs and CTs, at the two
measuring ends of the line, which have been intentionally
modelled as errorless transforming devices in order to show
the errors of the presented algorithm itself.

The fault location algorithm has been developed in
MATLAB. The analogue filters, needed for removing
noise from the voltage and current signals obtained by
ATP-EMTP, are implemented using a fourth-order
Butterworth filter with cut-off frequency equal to 500 Hz.
Then, the phase voltage and current phasors are

Table 1 Parameters of the 400 kV transmission network

Components Parameters

transmission
line data

L 300 km

Z1 0.0276 + j0.3151 V/km

B1 4.0841 mS/km

Z0 0.2680 + j1.0371 V/km

B0 2.7018 mS/km

Z0M 0.2300 + j0.6308 V/km

B0M 1.6242 mS/km

equivalent
system at
terminal s

Zs1 1.312 + j15.0 V

Zs0 2.334 + j26.6 V

magnitude
of Es

1 (p.u.)

angle of Es 08

equivalent
system at
terminal r

Zr1 2ZS1

Zr0 2ZS0

magnitude
of Er

0.99 (p.u.)

angle of Er 2308
Im
Vf (x)

If (x)

( )
= Im

Vf a I

If a I

( )
= Im

f (Vsf 1 I, Vrf 1 II,Isf 1 I, Vsf 2 I, Vrf 2 II,Isf 2 I, Vsf 0 I, Vrf 0 II, Isf 0 I, Irf 0 II, x)

g(Vsf 1 I, Vrf 1 II,Isf 1 I, Vsf 2 I, Vrf 2 II,Isf 2 I, Vsf 0 I, Vrf 0 II, Isf 0 I, Irf 0 II, x)

( )
= 0 (70)

Im
Vf (x)

If (x)

( )
= Im

Vf a I − If a IRf a I

If a I + If b II

( )

= Im
f (Vsf 1 I, Vrf 1 II,Isf 1 I, Irf 1 II, Vsf 2 I, Vrf 2 II,Isf 2 I, Irf 2 II, Vsf 0 I, Vrf 0 II, Isf 0 I, Irf 0 II, x)

g(Vsf 1 I, Vrf 1 II,Isf 1 I, Irf 1 II, Vsf 2 I, Vrf 2 II,Isf 2 I, Irf 2 II, Vsf 0 I, Vrf 0 II, Isf 0 I, Irf 0 II, x)

( )
= 0 (74)
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extracted using the DFT algorithm working with 20 samples
per cycle. Finally, the symmetrical component transformation
is applied to calculate the positive, negative and zero-
sequence voltage and current phasors at the two measuring
ends.

After the phasor estimation process, the fault-type
detection algorithm is applied to determine the phases
involved in the fault. Within this process, the fault data
generated by ATP-EMTP simulations are divided into
pre-fault and fault segments for further manipulation. The
part of the algorithm that is assigned with data alignment
is not executed, since the data obtained from ATP-EMTP
are already time-aligned. Next, the algorithms for
synchronisation error determination and faulted circuit
selection are executed using pre-fault and fault data,
respectively. At last, the results of fault location estimation
algorithm are provided.

A large number of simulations for different fault types have
been carried out for various fault resistances and fault
distances. To simulate synchronisation errors, the calculated
voltage and current phasors at line end rII have been
rotated by 188 and 98, respectively, in all test cases. To
estimate the distance to fault x, the iteration process is
Gener. Transm. Distrib., 2010, Vol. 4, Iss. 7, pp. 824–835
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terminated when its update becomes less than 1026. The
initial value x0 adopted for the fault location estimation is
0.5 p.u.

In all test cases, the proposed algorithm shows an
excellent performance, making correct decisions for the
fault type and the faulted circuit and giving highly precise
estimates for the synchronisation angles. Moreover, the
fault location estimation algorithm reached convergence
within six iterations for most cases. Table 2 presents
the fault location results for four different types of
single-circuit faults and six different types of inter-circuit
faults. The fault location errors given in the table are
calculated from

error=|actual fault distance−calculated fault distance|
total line length

×100%

(75)

It is clear that the maximum error in Table 2 is less than
0.2%, which confirms that the fault location algorithm has
very high accuracy. Table 2 also shows that the fault
resistance and fault distance have little influence on the
fault location accuracy. To further investigate the influence
by fault resistances and coupling effects, more simulation
Table 2 Fault locating results of a 400 kV double-circuit transmission line (source s leading source r by 308)

Fault

types

Fault resistance, V 50, km 100, km 150, km 200, km 250, km

RfaI RfbI RfcI RfaII RfbII RfcII Rg Result,

km

Error,

%

Result,

km

Error,

%

Result,

km

Error,

%

Result,

km

Error,

%

Result,

km

Error,

%

IAG 0 10 49.987 0.0043 100.027 0.0089 150.059 0.0197 200.079 0.0264 250.305 0.1015

IIBC 1 1 49.966 0.0113 100.033 0.0111 150.053 0.0176 200.040 0.0133 250.046 0.0153

IBCG 0.5 0.5 4 49.986 0.0047 99.914 0.0286 149.873 0.0425 199.787 0.0712 249.797 0.0678

IIABC 0.5 0.5 0.5 49.451 0.1829 99.548 0.1507 149.906 0.0312 199.915 0.0283 250.053 0.0178

IAIIBCG 1 0.5 0.5 10 50.078 0.0260 99.9553 0.0149 149.997 0.0009 199.992 0.0028 250.008 0.0026

IAIIBG 0.5 1 10 50.047 0.0157 100.125 0.0418 150.089 0.0297 200.335 0.1118 249.903 0.0325

IBCIIBG 0.5 0.5 1 10 50.041 0.0047 100.020 0.0067 150.033 0.0111 200.055 0.0185 250.067 0.0224

ICAIICA 0.5 0.5 0.5 0.5 50.000 0.0001 99.906 0.0314 149.910 0.0300 200.015 0.0050 250.088 0.0293

IABCIIBCG 0.25 0.25 0.25 0.5 0.5 10 49.995 0.0017 99.994 0.0019 149.985 0.0051 199.963 0.0123 250.007 0.0025

IABIICAG 0.5 0.5 1 1 10 50.004 0.0013 99.998 0.0006 150.005 0.0018 200.004 0.0014 249.976 0.0081

IAG 0 100 49.904 0.0320 99.919 0.0271 150.052 0.0173 200.450 0.1501 250.556 0.1854

IIBC 2.5 2.5 49.946 0.0180 99.972 0.0095 149.987 0.0042 199.998 0.0007 250.016 0.0052

IBCG 2.5 2.5 35 49.936 0.0021 99.989 0.0034 149.998 0.0005 199.996 0.0015 250.091 0.0302

IIABC 1 1 1 49.546 0.1512 99.548 0.1507 149.899 0.0337 199.928 0.0283 250.039 0.0131

IAIIBCG 2 1 1 100 50.387 0.1290 100.593 0.1978 150.007 0.0002 200.497 0.1655 250.344 0.1145

IAIIBG 1 2 100 50.050 0.0168 100.079 0.0263 150.051 0.0170 200.118 0.0392 249.962 0.0126

IBCIIBG 1 1 2 100 50.007 0.0023 100.019 0.0063 150.026 0.0087 200.049 0.0166 250.268 0.0889

ICAIICA 1 1 1 1 49.999 0.0002 99.965 0.0116 149.942 0.0192 200.009 0.0030 250.067 0.0223

IABCIIBCG 0.5 0.5 0.5 1 1 100 50.032 0.0105 100.003 0.0011 150.008 0.0027 200.011 0.0036 249.935 0.0215

IABIICAG 1 1 2 2 100 49.994 0.0019 99.994 0.0019 150.005 0.0015 200.013 0.0043 249.980 0.0069
833
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Table 3 Fault locating results of a 400 kV double-circuit transmission line (source s leading source r by 458)

Fault
types

Fault resistance, V 50, km 100, km 150, km 200, km 250, km

RfaI RfbI RfcI RfaII RfbII RfcII Rg Result,
km

Error,
%

Result,
km

Error,
%

Result,
km

Error,
%

Result,
km

Error,
%

Result,
km

Error,
%

IAG 0 0 49.987 0.0042 100.027 0.0090 150.033 0.0109 200.069 0.0231 250.057 0.0189

0 100 49.932 0.0227 99.933 0.0222 150.050 0.0167 200.397 0.1322 250.632 0.2107

0 250 49.936 0.0222 99.921 0.0264 150.137 0.0457 200.728 0.2426 248.967 0.3445

0 500 50.040 0.0134 99.989 0.0036 150.313 0.1042 201.138 0.3793 251.417 0.4724

IBIICG 0.5 0.5 0 50.055 0.0018 100.046 0.0153 150.265 0.0882 200.750 0.2501 249.856 0.0479

0.5 0.5 100 50.043 0.0144 100.041 0.0137 150.116 0.0386 200.171 0.0570 250.144 0.0479

1 1 250 50.035 0.0012 100.043 0.0108 150.131 0.0436 200.848 0.2875 249.479 0.1737

1 1 500 50.039 0.0131 100.039 0.0130 150.175 0.0582 198.837 0.3867 250.935 0.3115
4
T

cases are given in Table 3. In this table, simulated fault
types are IAG and IBIICG, which are the most possible
to occur among single-circuit and inter-circuit faults,
respectively. The fault resistances are assumed from 0 to
500 V, and the coupling effects are considered through
the pre-fault load current by making the phase angle of
source s leading source r by 458. Table 3 shows that the
fault resistance and coupling effects have very little
influence on the fault location accuracy.

5 Conclusion
A new algorithm for locating faults in double-circuit lines
utilising a limited number of unsynchronised voltage and
current measurements at two anti-parallel ends of the line
has been presented. The algorithm is based on distributed
parameter line model with use of a modal transformation
matrix, which decouples the mutually coupled zero-
sequence networks. Thus, it achieves superior accuracy
especially for long transmission lines. The algorithm can
deal effectively with all possible fault types encountered in
double-circuit line arrangements, including both single-
circuit and inter-circuit faults. Moreover, the algorithm is
insensitive to fault resistances, load currents and
source impedances. The validity of the algorithm has been
verified by extended EMTP simulations. All applied tests
reveal a high accuracy and promising performance for all
situations.
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7 Appendix
The equivalent zero-sequence parameters defined in
deducing (51)–(60) are shown as follows

Aqf 0 = 1

2
(2 + (Yqf 0c/2)Zqf 0c + (Yqf 0d/2)Zqf 0d) (76)

Bqf 0 = 1

2
(Zqf 0c + Zqf 0d) (77)

Cqf 0 = 1

2
((Yqf 0c/2)Zqf 0c − (Yqf 0d/2)Zqf 0d) (78)

Dqf 0 = 1

2
(Zqf 0c − Zqf 0d) (79)

Eqf 0 =
1

2
((Yqf 0c +Zqf 0c(Yqf 0c/2)2)+ (Yqf 0d +Zqf 0d(Yqf 0d/2)2))

(80)

Fqf 0 =
1

2
((Yqf 0c +Zqf 0c(Yqf 0c/2)2)− (Yqf 0d +Zqf 0d(Yqf 0d/2)2))

(81)

where q ¼ s, r, representing the sending s and receiving r
terminal of the line, respectively.

The coefficients defined in deducing (63) with respect to
the ground fault conditions in the double-circuit line are
shown in Table 4.
Table 4 Coefficients used to determine the two unknown currents Isf0_II and Irf0_I

Faulted circuit I
(Vfs0 II = Vfr0 II and If0 II = 0)

Faulted circuit II
(Vfs0 I = Vfr0 I and If0 I = 0)

Faulted circuit I and II
(Vfs0 I = Vfr0 I and Vfs0 II = Vfr0 II)

a 2Bsf0 2Dsf0 2Dsf0

b Drf0 Brf0 Brf0

c Asf0 Csf0 2Bsf0

d Crf0 Arf0 Drf0

e Vrf0 IIe
jdv (Arf0 + Crf0) − Irf0 IIe

jdi Brf0

− Vsf0 I(Asf0 + Csf0) + Isf0 IDsf0

Vrf0 IIe
jdv (Arf0 + Crf0) − Irf0 IIe

jdi Drf0

− Vsf0 I(Asf0 + Csf0) + Isf0 IBsf0

Vrf0 IIe
jdv (Arf0 + Crf0) − Irf0 IIe

jdi Drf0

− Vsf0 I(Asf0 + Csf0) + Isf0 IBsf0

f Vsf0 I(Esf0 + Fsf0) − Isf0 ICsf0

+ Vrf0 IIe
jdv (Erf0 + Frf0) − Irf0 IIe

jdi Arf0

Vsf0 I(Esf0 + Fsf0) − Isf0 IAsf0

+ Vrf0 IIe
jdv (Erf0 + Frf0) − Irf0 IIe

jdi Crf0

Vrf0 IIe
jdv (Arf0 + Crf0) − Irf0 IIe

jdi Brf0

− Vsf0 I(Asf0 + Csf0) + Isf0 IDsf0
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